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1 The Problem

Find the integral

I =

∫ √
x2 − x+ 1 dx . (1)

2 The Solution

My solution will be to transform this integral into the form∫ √
x2 + a2 dx =
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To accomplish this, I need to complete the square of the radicand x2 −x+1 by

x2 − x+ 1 = (x+A)2 +B2 = x2 + 2Ax+A2 +B2 , (3)

so that A = −1/2 and B2 = 3/4. Therefore,

I =

∫ √
x2 − x+ 1 dx =

∫ √
(x− 1/2)2 + 3/4 d(x− 1/2)
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